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Introduction 
In this paper, X will denote a completely regular, Hausdorff space. 
The family of zero sets of X will be denoted by 3(X) and the family 
of co-zero sets by e(X). Let 9(X) denote the algebra of subsets of X 
generated by Z(X). (Note that 9(X) may also be defined as the smallest 
algebra with respect to which all of the continuous real-valued functions 
on X are measurable.) A non-negative, finitely-additive, finite set function 
m defined on F(X) is said to be regular if m(A) = sup (m(Z) : 2 _C A and 
2 E 3(X)) for every A E 9(X). A regular, non-negative, finitely-additive, 
finite set function defined on 9(X) will be called a content on X. 2) If a 
content m has the additional property that m(2,) J, 0 whenever {Z,} _C Z’(X) 
is a downward directed system with 2, 4 8, then m is called net-additive. 
If a content m has the property that m(2,) j, 0 whenever {Z,> C Z?(X) 
is a decreasing sequence of sets with 8, j 8, then m is called o-additive. 
It is clear that every net-additive content is also o-additive. However, 
it is well known that the converse is generally not true. (See [2].) The 
problem of classifying those completely-regular, Hausdorff spaces in which 
every o-additive content is also net-additive is thus quite natural. To 
this end, in [Z] the author introduced the class of B-compact spaces. 
A completely-regular, Hausdorff space X is called B-compact if every 
o-additive content on X is also net-additive. It was shown that B-com- 
pactness is a topological invariant and various topological properties of 
B-compact spaces were investigated. However, it was noted that B- 
compact spaces lacked certain stability. For instance, as is shown in [5], 
the product of two B-compact spaces need not be B-compact. Or the 
intersection of B-compact subspaces of a given space need not be B- 
compact. 
1) The contents of this paper form part of the work done by the author in his 
doctoral dissertation at the California Institute of Technology, Pasadena. The 
dissertation was prepared under the direction of W. A. J. Luxemburg, whom the 
author wishes to thank for his encouragement and advice. 
*) The set functions m which we refer to here as contents are the non-negative 
elements of 4(X) in [2]. However, in the present paper, we shall have no need 
of any other elements of d(X). 
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However, if the spaces involved are locally compact much more can 
be said. Indeed, in section 2, it will be shown that the product of a finite 
or even a countably infinite family of locally compact, B-compact spaces 
is again B-compact. Furthermore, the intersection of a finite or countably 
infinite family of locally compact, B-compact subspaces of a given space 
is B-compact. And, in a sense, these results are best possible. 
In the derivation of the results in section 2, we shall need certain 
information concerning the extension of contents to algebras larger than 
S(X). The necessary information regarding such extensions will be pro- 
vided in section 1. There it will be shown that the o-additive and net- 
additive properties of contents are closely related to the possibility of 
such extensions. 
We shall conclude the introduction by recalling certain facts from [2] 
which we will need below. If m is a content on X, the support of m is 
the set 
T,= n (2: 2 E S!‘(X) and m(2) =m(X)}. 
If T, = ei, following Pym [6], we shall say that m is entirely without support. 
It is clear that the support of a content is always closed. The following 
characterization of T, is clear from the definition. 
Lemma 0.1 Let m be a content on X. Then x E T, if and only if for 
every U E @(X) with x E U, it follows that m( U)&O. 
The following theorem is the key to the results in section 2. It is given 
by PYM [S] and by LUXEMBURQ [a], in a different form. It is also used 
by KNOWLES in [3]. A proof may be found in [2], corollary 2.9. 
Theorem 0.2 Let X be a completely-regular Hausdorg space. Then X 
is B-compact if and only if there is no non-zero o-additive content on X 
which is entirely without support. 
1. Extensions of Contents 
In this section, we shall examine the problem of extending contents 
to algebras larger than g(X). We begin with some equivalent formulations 
of the properties that a content be a-additive or net-additive. The proofs 
are straightforward and will be omitted. 
Lemma 1.1 Let m be a content on X. Then the following are equivalent. 
(1) m is net additive. 
(2) {-%} c Rv, 2 E %x) and Z,$ Z imply that m(.Z,) 4 m(2). 
(3) (U,) c WX), u E @‘(X) and CT, f U imply that m( U,) T m(U). 
(4 PLI c WX) and U, t X imply that m( U,) t m(X). 
Lemma 1.2 Let m be a content on X. Then the following are equivalent. 
(1) m is ~-additive. 
(2) If {&) 2 =qX) and if A, 4 8, then m(A,) 4 0. 
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(3) If {An) C F(X), A= 6 A, E F(X), and A, n A,=@ for n#m, then 
t&=1 
m(A)= 2 m(A,). 
12=1 
Definition 1.3 Let Ba(X) denote the o-algebra generated by F(X). 
Then Ba(X) is called the algebra of Baire sets of X. 
Definition 1.4 Let Be(X) denote the o-algebra generated by the family 
of closed subsets of X. Then Be(X) is called the algebra of Bore1 sets of X. 
Note that Ba(X) is also the o-algebra generated by T”(X) or a(X). 
It may also be defined as the smallest o-algebra with respect to which 
all of the continuous real-valued functions on X are measurable. It is 
clear that Ba(X) is a sub-algebra of Be(X). However, the equality 
Ba(X) = Be(X) is not valid in general. 
Definition 1.5 Let p be a measure on Ba(X) (on Be(X)). Then p is 
called a regular Bake measure (a regular Bore1 measure) if for every A E Ba(X) 
(for every A E Be(X)), ,/J(A) = sup {,u(Z): 2 E Z?‘(X) and Z C A} (,a(A)= 
= sup {/A(G) : G is dosed and G CA}). 
Note that a Baire (Borel) measure ,u is regular if and only if for every 
A E Ba(X) (for every A E Be(X)) it follows that ,u(A) = inf (,u( U) : U E e(X) 
and A C U} (p(A) = inf {p(O): 0 is open and A C 01). 
By lemma 1.2, a o-additive content is a measure on P(X). Hence by 
the usual Caratheodory process, it may be extended to Ba(X). Thus we 
state the following without proof. 
Theorem 1.6 Let m be a o-additive content on X. Then there is a 
unique regular Bake measure ,D on X such that m(A)=,u(A) for every 
A E P(X). 
Definition 1.7 Let ,a be a Bore1 measure. Then p is said to be net- 
additive if for every downward directed system (G,} of closed subsets of X 
with G, J, @, it follows that m(G,) 4 0. 
Note that ,u is a net-additive Bore1 measure if and only if for every 
upward directed family (0,) of open subsets of X with 0, t X, it follows 
that ~(0,) 1‘ ,4X). 
We shall now indicate a procedure for extending a net-additive content 
to a regular Bore1 measure. This procedure is quite analogous to that 
presented by BOURBAKI in [l]. For this reason, we shall omit many of 
the details. The following series of lemmas culminate in theorem 1.14 
which is the result we require. 
Lemma 1.8 Let m be a net-additive content on X. Assume that 0 is 
an open subset of X. If {U,}, (V,} C e(X) with U, 1‘ 0 and V, t 0, then 
lim m( U,) = lim m( V,). 
z 0 
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Definition 1.9 Let m be a net-additive content on X. For each open 
set 0 in X, define 
l(O)= sup {m(U): U E e!(X) and U C 0). 
Lemma 1.10 The set function 3, of definition 1.9 is a non-negative, 
monotone, sub-additive set function on the family of open subsets of X. 
Furthermore, for U E q(X), l(U) =m( 7-J). 
Proof. The only statement which is not obvious is that A is sub- 
additive. Hence let 01 and 02 be open subsets of X and let {U,}, {V,} _C 
C G?(X) with U, t 0 1 and V, t OZ. By lemma 1.8, m( U, u 7,) t I(01 u 02). 
Thus, 
A(01 U OS)= lim (m(U, U 7,)) 
(7. a) 
< lim m( U,) + lim m( 7,) 
B 
&l) +1(02). 
The proof of the lemma is complete. 
Definition 1.11 Let m and 1 be as above. For each subset A C X, 
define 
,a*(A) = inf {J(O); 0 is open and A _C O}. 
Lemma 1.12 The set function ,a* defined above is an outer measure. 
Furthermore, if 0 is an open subset of X, then 0 is ,a*-measurable in the 
sense of Caratheodory. 
Proof. That p* is an outer measure is an immediate consequence of 
lemma 1.10. Let 0 be open and let A be a subset of X. We must show 
that ,a*(A)>,a*(A n O)+,a*(A=O). Hence let E>O be arbitrary. Choose 
an open set Or C X with A 5: Or and &+-p*(A) >a(O,). Let {U,} Z 4?(X) 
be such that U, t 01. Finally take V E 42(X) subject only to the restriction 
that V C 0. By the regularity of the content m, there is a 2 E Z?‘(X) 
with 2 _C V and m(2) + E> m( V). Thus we have that, 
s+,a*(A)>jl(O~)= limm(U,) 
> lim [mC;, n V)+m(UT- V)] 
>1;01 f7 V)+ limm(U,-2)--E 
>1(01 n V)+n(bl--8)-~ 
>il(O1 n V)fp**(O1-O)-~ 
>A(01 n V)+p*@-0)-E. 
But since V E g(X), V _C 0 was arbitrary, it follows that 
%+j~*(A)>iZ(o~ n O)+,a*(A-0) 
>p*(A n O)+,a*(A-0). 
Since a>0 was arbitrary, the result follows. 
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Let 9? denote the algebra of subsets of X generated by the open subsets 
of X. Then the above lemma implies that ,LL* is a finitely-additive set 
function defined on $9. Furthermore, we even have the following. 
Lemma 1.13 Let p denote the restrictiorb of p* to 8. 
(1) If {QT.) is a downward directed family of closed subsets of X with 0, 4 0, 
then ,u(G,) 4 0. 
(2) If {An} 2 3, A = z A, E 3, and A, n A,,=@ for nfm, then 
n=l 
Proof. (1) S ince X is completely regular, Z’(X) is a basis for the 
closed sets in X. That is, 
G,= ~(Z:ZE%(X) and GzCZ}. 
We set 
sQ={z:zEqx) and Z 2 G, for some index z}. 
Since {G,) is directed downward to 8, it follows that 9 is directed down- 
ward to 8. Since m was a net-additive content and since m(Z)=,u(Z) for 
every 2 E 9(X), it follows that 
inf(~(Z): 2 E Y}=O. 
Hence by the monotonicity of ,u, ,u(G,) j, 0. 
(2) Set &=A - fi Ati. Assume that ,u(&) 4 ol> 0. From the definition 
k=l 
of /L*, there is a closed set G, _C B, such that 
p(Bn) <p(Gn) +ol/2n+ 1. 
Now we set 
6,’ = ; Gk. 
k=l 
Then G,’ 4 0; and so by (l), ,u(G,‘) 4 0. However, 
and 
,a(& - G,‘) < 5 ,@I, - 6s) a44 
k=l 
p(B,- G,‘) =/4&c) -p(Gn’) >a - (G’). 
Thus inf ,~(G~‘)>o1/2> 0 which is a contradiction. 
Thus ,U is countably additive on 9 ; and hence by the usual Caratheodory 
process, ,u can be extended to a Bore1 measure. The regularity of p on 
9 is easily verified from the definition of ,u*. Thus the Bore1 extension 
of ,u is a regular Bore1 measure. Furthermore, lemma 1.3 part (1) states 
that the extension is net-additive. Thus we have the following theorem. 
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Theorem 1.14 Let m be a net-additive content on X. Then there is 
a unique regular, net-additive Bore1 measure p on X such that p(A)=m(A) 
for every A E F(X). 
Proof. The Bore1 extension p constructed above satisfies the con- 
ditions of the theorem. All that we need to show is the uniqueness of 
the extension. Indeed, assume that v is any regular, net-additive Bore1 
extension of m. Then for any open set 0 in X, the net-additivity of ,u 
implies that 
,u(O) =v(O)= sup {m(U): U E e’(X) and U 2 01. 
Since p(O)=v(O) f or every open subset 0 of X, the regularity of v then 
implies that v =,u. 
Corollary 1.15 Let m be a net-additive content on X. If p and /I are 
two regular Bore1 extensions of m, then ,u = 3,. 
Proof. Let ,u be the net-additive regular Bore1 extension given by 
theorem 1.14. Then, since ,u is net-additive, it follows that, for each closed 
subset G, 
n(G) < inf (m(Z): 2 E 22’(X) and 2 1 G)=,u(G). 
Hence if {GJ is a downward directed family of closed subsets of X 
with G, 4 @, we have 
0~ infI( inf,u(G,)=O. 
1 z 
Thus L is also net-additive and so by theorem 1.14, 1 =,u. 
From theorems 1.6 and 1.14 above, we may conclude that if X is B- 
compact, then every regular Baire measure on X has a unique extension 
to a regular Bore1 measure. Whether the converse statement that X is 
B-compact only if every regular Baire measure on X has a unique ex- 
tension to a regular Bore1 measure is true or not is not known to the 
present author. In conclusion we remark that in order to extend a measure 
from the Baire sets to the Bore1 sets, net-additivity is in general indis- 
pensable. An example is known of a space X and a regular Baire measure 
on X which has no extension to a Bore1 measure even if the requirement 
of regularity is dropped. 
2. Locally Compact, B-Compact Spaces 
In this section we shall deal exclusively with locally compact spaces. 
In such spaces, if a content has a non-empty support, then the support 
is “almost compact.” The precise statement of this fact is contained in 
the following key lemma. 
Lemma 2.1 Let X be locally compact and let m be a net-additive 
content on X. Then there is an increasing sequence {G,} of compact zero 
sets of X such that m(G,) j’ m(X). 
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Proof. l?or each x E X, let G, be a compact zero set neighborhood 
of x. Let $9 denote finite unions of the sets G,. Then 9 is directed upward 
with 9 t X. Since m is net-additive, for each natural number I% there is 
an Elk E 99 such that m(X -Pk) < l/k We then set 
k=l 
Then (G,} fulfills the conditions of the theorem. 
In addition to the above, we shall need the following easily verified 
result. (See [Z], lemma 3.4.) 
Lemma 2.2 Let X be a completely regular, Hausdorg space and let 
Y be a subspace of X. 
(1) If A EP(X), then A n YE S(Y). 
(2) If m is a o-additive content on Y and if Gi(A)=m(A n Y) for every 
A E 9(X), then fi is a o-additive content on X. 
Theorem 2.3 Let X be completely regular. If X1 and XZ are locally 
compact, B-compact subspaces of X, then XI n XZ is B-compact. 
Proof. Let m be a non-zero o-additive content on Xi A XZ. For 
A E 9(X1 u Xs), define C(A) =m(A n Xi n X2). By lemma 2.2 above, 
n;? is a o-additive content on Xi u Xs. Similarly for i = 1, 2, define ?&(A) = 
=m(A n Xi n Xs) for each A E 9(X,). Then rPir is a s-additive content 
on Xi. 
We now claim that 5 is net-additive. Indeed, let (2,) C ZY(X1 u X2) 
be directed downward with 2, $. 8. Then 2, n XI j, 8, Since Xr is B- 
compact, ml is net-additive; and hence, 
6i(Z,) =m(Z, n X1 n Xz) = i&(2, n Xl) $ 0. 
Thus fi is net-additive as claimed. 
Let p, ,ui and ,UZ denote the unique regular Bore1 extensions of fi, fir 
and 7%~. For A E Bo(X1 u X2) define &(A) =,I&! n X) for i = 1, 2. It is 
clear that & is a net-additive Bore1 measure on Xi u X2. Furthermore, 
for A E 9(X1 u Xs), A n Xi E F(Xi); and we have 
&(A)=&4 n Xi)=mi(A n Xi) 
=m(A n X1 n X2) =p(A). 
If we can show that & is regular, the uniqueness of p as guaranteed by 
theorem 1.14 will imply that ,u =& for i= 1, 2. 
We now claim that At is regular. Indeed, let A E Bo(X1 u X2) and let 
E > 0 be arbitrary. Since ,LQ is regular, there is a closed set F _C X1 u X2 
such that F n Xt C A n Xi and &(A) c&(F) + E. By lemma 2.1, there are 
compact zero sets {G 12 in Xi with &G,) f &XZ). Thus ,ut(G, n F n X6) t >
1‘ ,uc(F n Xg) and so there is a compact set G _C Xi such that &(A -G) <a. 
But since G is compact, G is closed in X1 u X2 and the regularity of Ai 
is proved. 
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Let. T be the support of 5. Then T is a non-empty closed subset of 
Xi u Xs since fi is net-additive. The claim is that T n XI n Xa#'(a. 
Indeed, assume that T n Xi n X2=@. Then for 1 = 1, 2, T n Xi is closed 
in Xi. Hence there is a compact set Gt Z T n Xi with ,u$(X~ n T) ,ug(Gd) + E. 
Thus, 
,~(T)=jl~p)=,~~(& n T)<,LQ(G~)+E 
<&(Gi)+e=,a(Gi)+e. 
Since Gi n Gs C T n XI n X2 = $3, it follows that 
2/4(T) </A(& u Gz) + 2s <,u(T) + 2~. 
Thus ,u(T) = 0 which contradicts the facts that T is the support of fi and 
that m was not zero. Thus T n XI n Xef ei. 
Finally, let x E T n Xi n Xs and let W E @(XrXa) with x E W. There 
exists V E @(Xl u Xs) such that x E V n X1 n Xs C W; and, hence, 
By lemma 0.1, this implies that x is in the support of m. Thus m is not 
entirely without support and the proof is completed by theorem 0.2. 
Corollary 2.4 The intersection of a finite number of locally compact, 
B-compact subspaces of a given space is again B-compact. 
Theorem 2.5 Let Y be completely regular. If {X,} is a countably 
infinite family of locally compact, B-compact subspaces of Y, then X= ; X, 
9b=l 
is again B-compact. 
Proof. By corollary 2.4 and the fact that the intersection of a finite 
family of locally compact subspaces of a given space is again locally 
compact, we may assume without loss of generality that {X,} is a de- 
creasing family of sets. 
Let m be a non-zero o-additive content on X= { X,. For each n 
n=l 
define m,(A) =m(X n A) for every A E p(X,). Then m, is a G-additive 
content on X, by lemma 2.2. Since X, is B-compact, m, is net-additive 
and hence has a non-empty support T,. Furthermore, for each n, there 
is a compact zero set G, C X, such that m,(X,- G,) <a/2n+l, where 
ol=m(X)>O. 
We now show that mn( A G#) >01/2. Indeed we have that 
k=l 
mn(Xn - h Gk) =mn[ b (-L - Ge)] 
=l k=l 
< i mk(Xk-Gk) 
k=l 
<a/2. 
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Thus we have that 01 =m(X) =m,(X,) ~0112 +m,( A Gk), from which 
7c=1 
a/2<m,( h Ok). 
k=l 
In particular it follows that h Gk#P). Now set Fn= T, n fi Gk. Since 
k=l k=l 
m,( h Ge) > 0 and since T, is the support of m,, it follows that F,#@. 
k=l 
Also since T, is closed, it follows that F,, is compact. Finally, since 
T, 2 Tel, we have that P= fi F,#@. 
a=1 
Let x E F and let U E e(X) be such that x E U. Then there is V E @‘(Xi) 
such that x E V n X C U. Since x E P implies that x E T1, we have by 
lemma 0.1 that 
O<ml(V)=m(X f7 V)<m(U). 
Nence x is in the support of m. Thus m is not entirely without support 
and the result follows from theorem 0.2. 
The question might well be asked whether an intersection of a family 
of locally compact, B-compact subspaces of arbitrary cardinal is again 
B-compact. The answer to this question is no. It is not known that the 
above result is best possible in the sense that one cannot replace countably 
infinite with, say, the cardinality of the continuum. However it does seem 
doubtful that such is the case. 
We shall now deal with products of locally compact, B-compact spaces. 
For this reason we shall introduce the following terminology. 
Definition 2.6 Let X1 and XZ be completely regular spaces. If m 
is CL content on the product X1 x X2 and if xi is the projection mapping of 
X1 x X2 onto Xt (i = 1, 2), then define m&4) = rn(zt-l[A]) for each A E S(Xi). 
We call rni the projection of m on Xi. 
Lemma 2.7 Let X1 and XS be completely regular. If m is a o-additive 
content on X1 x XZ, then the projection rnz is a o-additive content on XZ for 
i=l, 2. 
The proof of the above lemma is quite straightforward and will be 
omitted. 
Theorem 2.8 If X1 and X2 are locally compact, B-compact spaces, 
then X1 x XZ is B-compact. 
Proof. Let m be a non-zero o-additive content on X1 x XZ. If m is 
not net-additive, assume that m is entirely without support. If ml is the 
projection of m on X1, then ml is a o-additive content on X1. Since Xr 
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is B-compact, ml is net-additive. Hence by lemma 2.1, there is a compact 
zero set Gi 2 Xi such that mi(Gi)>O. For A E 9(X1x Xs), we define 
m’(A) = 
m(A n Gl x X2) 
m(Gl xX2) ’ 
It is clear that m’ is a o-additive content on Xix X2 and that m’ is 
entirely without support. 
The same procedure may now be applied to m’. That is, there is a 
compact zero set GZ C X2 such that ms’(Ga) > 0, where m2’ is the projection 
of m’ on X2. Then define for each A E 9(X1 x XZ), 
m’(A n X1 x Gz) 
m”(A) = ---.j---- . 
m (XI x ($4 
Set H = Gi x Ga. Then H is a compact zero set in Xr x X2. Furthermore, 
since m’[(Xl - Gi) x Xs] = 0, 
1 = m”(X1 x G,) = m’(G1 x Gz) + m’[(Xl - Cl) x G2] 
= m’(G1 x G,). 
Thus m”(H) = 1. 
However, m” is entirely without support and so there is a cover of H 
by co-zero sets of m”-measure 0. Since H is compact, a finite number 
of these cover H and hence m”(H) = 0. This is a contradiction. Hence m 
is not entirely without support and the result follows from theorem 0.2. 
Corollary 2.9 The product of a finite number of locally compact, 
B-compact spaces is B-compact. 
The remainder of the paper will be concerned with showing that the 
above corollary can be extended to countable products. First we shall 
have to gather some preliminary information. 
Definition 2.10 Let {XZ: i E I} be a family of completely regular 
spaces and let X =17 {Xi: i E I>. A subset K C X is said to be compact-like 
if there is a finite subset P C I and a compact subset KF of XF =Il (Xi : i E F} 
with K=KFxII (X6: i E I-F}. 
Lemma 2.11 Let K CX=li! {Xi: i E I} be compact-like. Then K is a 
closed subset of X. 
Lemma 2.12 Let XxIl{Xi: i E I>. If 29 is a filter of compact-like 
sets, then n 23’#fc1. 
Proof. Without loss of generality, assume for each i E I, there is 
K E $9 with nt[K] compact in XZ. Let 9% be an ultrafilter finer than 3. 
For i E I, set @f = {rr.$B] : B E a}. Then %g is an ultrafilter on Xi and @t 
contains a compact subset of Xa. Thus Q98 converges to 4 E Xr. Let 
t={t&iEI}EX. 
Take B E 4?. If Vi is open in Xg and ti E Va, then rrfzz-l[ VJ n B # $3. Thus 
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~ii-i[ Vi] E Q!. Since a basis for the neighborhood system at the point t 
consists of sets which are finite intersections of sets of the form ~-i[Vd] 
where tt E Vi, it follows that @ is finer than the neighborhood filter at t. 
Hence t is in the closure of every element of %. But by lemma 2.11 the 
members of 9 are closed. Hence t E (7 9. 
Theorem 2.13 Let {Xn}nE~ be a sequence of locally compact, B- 
compact spaces. Then X =I7 {A’, : n E N) is B-compact. 
Pro of. Let m be a non-zero o-additive content on X ; and, for con- 
venience, assume that m(X) = 1. If Y, =I7 {X, : 1~ Ic <n>, let m, denote 
the projection of m on Y,. By lemma 2.7, m, is a-additive. And since 
Y, is B-compact by corollary 2.14, m, is net-additive. Thus by lemma 2.1 
there is a compact zero set G, C Y, with 1 =m,( YE) <m,(G,) + l/2%. Let 
T, denote the support of m, and let pn be the uniclue extension of m, 
to a regular Bore1 measure on Y,. 
Set Kn=ztn- i[G, n Tn], where an is the projection mapping of X onto 
Y,. Then K, is clearly compact-like. Furthermore, (i Ii, # fl for all I E N. 
9%=1 
Indeed we have that 
f) K,= n {z,;[Gn n T,]: 1<~<1}x12- {Xk: &>I}. 
n=l 
where ~1,~ denotes the projection mapping of YZ onto Y,. Hence it is 
enough to show that n {z;~[G~ n T,] : 1 <n < l} # 0. But we have that, 
,M( n {z~;#& n Tnl : 1 <n<‘Z}) = 
=l-pl(lJ (YI-Jz~,A[G~ n T,]: lcn<ZI)) 
> 1 - i j-4 YZ - ~z~~[G, n Cl) 
v&=1 
d- i p&L-(G, n G)) 
n=1 
>I--- 2 pn(Yn-Gn) 
n=l 
>l- i mn(Yn-Gn) 
a=1 
>l- i 1/2>“0. 
n=1 
Thus n {qi[Gn n Tn] : 1 <n G I> # $3. 
By lemma 2.12, K= E K,i0. 
n=l 
Let x E K and U E S(X). Then for some n, there is a W _C 4’J( Yn) with 
x E nn-l[W] C U. Thus Z&Z) E W n T,. Thus by lemma 0.1, m,( W)>O. 
Hence 0 <m,(W) =m(n,-l[ W]) <m(U) and so x is in the support of m. 
Thus m is not entirely without support and the result follows. 
344 
In conclusion we remark that the above result is best possible (modulo 
the continuum hypothesis), since MORAN [5] has shown that Rc is not 
B-compact where R denotes the real numbers and c is the cardinal of the 
continuum. 
Southern Illinois University 
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